
TALK 1
. Modp representations of GLz(Qp). 1/25/24.

Goal . Classify all smooth , admissible , irreducible
representations of 6(2(kp) over k = finite ext . of #P , P + 2 .

Def .

· A rep. of G overk : i : 6 <GL(V) , V= k-r . sp.
· Smooth if Stabo(v) => G is open F VEV

· Admissible if dim(VI) < o K compact T & G-

open

Note : ·over D
,
smooth

,
ined

.

-> admissible,
· over K

,
#>

·

Let : K : = 2 [di] mod p3 < I , =&['Y] modp3 < k : = GL(<p)

Prop. (Vii) smooth
,
non-zero

,
over k

· UK + 0 & VF10 [depth o]
· V finite-dimensional ->

V= Rodet
,
t : Q K s .t . All + P) = 1 [depth O]

· Vadmissible diec VFI < 8 .

Prop. [smooth ined. .3 [inedr
W -W = Wk, k/k

, EG(z(πp)
W I W

Rusk . only reps of GL2/#p) over k are Wr
, s
:= Sym/k2) defs

(No" cuspidal" reps like over D ...) 82rp - 1 , 05[P-1 .





The /Barthel-Lime Breit). (c = cydotanic character)X
I

1 . H(r , ap , ) is smooth and admissible
,
central char

.
W

2. H(r
, ap , 2) is reducible unless ap= #1 and - = 0 , p-

3. For Up = 11 , - = 0 , p-1 , we have :

0 Stltmapodet) < +10, 9p , t) < Amapodet > O

G xModet (π(p-1 , 9p ,
) < St(XMapodet) G

ap

where Sti = < 10. . coust . P(Qp) < k3
[cast . P'(QP) <k3

(Steinberg vep)

is irreducible.

4
. Hr , ap ,

t) is "supercuspidal" > ap = 0. (supersingular
5 . These are all smooth ired . adm . reps of G(z(kp) over k.

Def . (T , V) = irred .
aden . rep . of G

· supercuspidal if not subquotient of any Endi(4, N2)
4 , 42 : Qp CK

,
smooth

.

· Jacquet module VN [Ve = V< n v - v IveV , neN> ]

Note : Un + 0 E> VE subrep . of Endi (4, 42) , same 4, 42.

Run. 1
. Fundi (4, 42) is smooth & admissible central char . Y.. Yz.<

2
. Ind (4, (2) irreducible if 4 ,

# 42 , no intertainers between them

3. If Y = 42 = 4 , then Jucu-split ses :

> Podet < FadB(YAN) > St Podet > O

4
. St is not supercuspidal but VN = 0 .






